JaX which is isometric with the closed interval [0; d(a, b)] under an isometry h such that h(0) = a and h(d(a,
The following two theorems will be used in the sequel:
is a compact ANR and pe Y then p is unstable if for every ε>0 there is a continuous ε-mapping f:Y->Y such that p$f(Y).
The proof is found in [2] ,
THEOREM B. If Y is a Peano continuum then there exists a convex metric for Y which is compatible with the topology on Y.
The proof is found in [1] .
It is known [4] that when X is a Peano continuum, C(X) is an AR. Thus, if X is a connected finite simplicial complex (and hence a Peano continuum), C(X) is a compact ANR, and Theorem A appliesto show a point in C(X) is unstable we need only construct the appropriate ε-mapping.
Note that stability is a local property: if U is a neighborhood of y in a space Y and V is a neighborhood of z in a space Z and / is a homeomorphism of U onto V such that f(y) 
Then a sequence {x n } can be found in E so that y n e g(x n ), w = l,2,3, . Because E is compact we may assume the sequence {x n } has a limit a? in E. Then g(x n ) has limit g(x)afE.
We show yeg(x). Suppose the contrary. Then for some d > 0 we have dist (y, g(x)) ^ 2δ. But since g{x n )-*g(x) we have g{x«)c.V s {g{ίc)) for sufficiently large n. Thus, for sufficiently large n, dist (#, flf(ί» Λ )) ;> dist (y, V δ (flf(ίc))) ^ δ. But dist (T/, flr(a; n )) ^ d(i/, τ/ % ) for all n. Since d(?/, τ/J -0 we have dist (y, g(x n )) -* 0, a contradiction.
(ii) /is continuous:
If y e fE then y e g(x) for some x e E. Because p{E, E f ) < δ there is a point x' e E' with d(x, x') < δ. Then ρ(g(x) 9 g(x')) < ε, so dist(τ/, #(#')) < e. Thus there is a point #' e g(x f ) with d(τ/, ?/' ) < ε. But y' e fE', so we have dist (y, fE') < ε. An entirely similar argument shows that y' e fE f implies dist(τ/', fE) < ε. By a remark above we then have p(fE 9 fE')<ε. Thus / is continuous.
(iii) / is an α-mapping: we must show p(E,fE)<a
is a Peano continuum and if g:X-*C(X) is continuous, then the function f: C(X) -* C(X) defined by fE\}{g{x)\x£.E} is continuous. Furthermore, if p({x}, g(x)) < a for each xe X then f is an a-mapping.

Proof. We need only show that fE is connected for each E e C(X).
Let EeC(X) and suppose fE is not connected. Then we can write fE = A x U A 2 where A t and A 2 are nonempty, A 1 f]A 2 = 0 and A x and A 2 are closed in fE (and hence in X). Let £Ί = {x eE\ g(x) c A x }, J^a = {x e £71 g(x) c A 2 }. Because g(x) is connected for each x in E we must have either g(x) c A t or flr(a ) c A 2 . Thus E -E 1 [JE 2 and E,{\E 2 = 0. Also, E γ Φ Q)\ it E,= 0 then E 2 = E and fEaA 2i a contradiction. Similarly, E 2 Φ 0. Finally, continuity of # insures that 2?! and i? 2 are closed. Thus E is not connected, contrary to the choice of E. Therefore / is continuous. LEMMA 
If (X, d) is a compact metric space with convex metric d and if a > 0 then the function f defined on C(X) by fE = {x e XI dist (x, E) ^ a/2} is an a-mapping of C(X) into itself.
(i) /is well-defined: it is clear that fE is closed. To see that fE is connected we merely observe that each point of fE is joined to E by a line segment lying in fE, and that E itself is connected.
(ii) /is continuous: we show that p(fE,fE')<β whenever Since the unstable points of T are precisely the boundary points of T, we see that the unstable points of C(X) are just those that are mapped by g into these boundary points. Since for (x, y) e T we have 4* Proof of the theorem* As mentioned above, we assume X is connected. First suppose that X does not contain a free 1-simplex.
Let A G C(X). The method of proof depends on whether or not A has empty interior, A\
If A 0 -0 we assume the metric on X is convex. Let ε > 0. By Lemma 3 the map /: C(X) ~> C(X) defined by fE -{x e XI dist (a;, #) rg ε/2} is a continuous ε-mapping of C(X). Also, A Φ fE for each EeC(X) because each /J57 clearly has nonempty interior. Then, by Theorem A, A is an unstable point of C(X).
If A 0 Φ 0 then some point q in A has a neighborhood in X which is an open Euclidean n-hsll for some n ^ 1. Since X contains no free 1-simplex we must have n ^ 2. Let ^ be an open Euclidean w-ball neighborhood of q, centered at g, with radius r λ < ε/2, and such that B x c X. Let 1? 2 be a second open w-ball, also centered at
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q, and with radius r 2 < r 1# Let Si and S 2 be the (n -l) 
(X)-+C(X) defined by fE = Ui^(^) I
x e E} is continuous. Also, fE Φ A for each E in C(X) because, while qeA, the construction of g shows that q £ g(x) for each x in X, and hence g £ fE for each £7 in C(X). Finally, / is an ε-mapping because g satisfies the second hypothesis of Lemma 2: for each xe X we have either p({x}, g(x)) = 0 or p({x}, g(x)) = ρ({%}, g 2 {x))* Since g 2 : B ι -+C(B\B 2 ) and diameter B t < ε, p({x}, g 2 (x)) < ε.
To complete the proof we suppose that X has a free 1-simplex S, and we exhibit a stable point of C(X). Since S is free there is a point q which has an open neighborhood which is a Euclidean 1-ball B of radius a for some a > 0. Printed at Kokusai Bunken Insatsusha (International Academic Printing Co., Ltd.), 7-17, Fujimi 2-chome, Chiyoda-ku, Tokyo, Japan.
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